I. INTRODUCTION The Riemannian geometry with boundary, in the Euclidean domain the interior geometry is given ,flat and trivial, and the interesting phenomena come from the shape of the boundary ,Riemannian manifolds have no boundary, and the geometric phenomena are those of the interior is called differential geometry .

II. A BASIC NOTIONS ON DIFFERENTIAL GEOMETRY
A topological manifold of dimension n is a topological space that is Hausdorff, second countable and locally Euclidean of dimension n . A smooth manifold M of dimension n is a topological manifold of dimension n together with a smooth structure . Definition 2.1. 8 Let 
Differential Geometrics
Given 
Cotangent space and Vector Bundles and Tensor Fields
Let M be a smooth n-manifolds and The Tensor product is bilinear and associative however it is in general not commutative that is
for any reducible tensor
We extend this linearly to get a linear map 
and we get a commutative diagram ( in this case . 
Exterior derivative
The exterior derivative is a map
Integration of differential forms
 M w is well defined only if M is orient able
and has a partition of unity and w has compact support and is a differential n-form on M .
Riemannian Manifolds
An inner product (or scalar product) on a vector space V is a function
that is : 
 an immersion where N is a smooth manifold ( that is f is a smooth map and f is injective ) then induced metric on N is defined . 
Induced metric
Product metric
is called the product metric defined by .
we use the fact
Warped product
is a smooth positive function.
Conformal map and Isometric
A smooth map
 between two Riemannian manifolds is called a conformal map with conformal factor . As stereographic projection is a ( diffeomorphism ) its inverse
is a conformal map . It follows from an exercise sheet that u is a conformal map with conformal factor
between an open neighbourhoods U of p and such that
Remark 2.10.4
In particular an isometrics
is called an isometric of
. All isometrics on a Riemannian manifold from a group. is a new n-form which is compactly supported we can define the integral of f over M as .
Recall the integration of n-forms over n-manifolds.
Bundle metrics
The recall from liner algebra on a vector space V a bilinear from
can be considered as an element 
Figurer (1) :
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the transition maps
The transition maps
, there exist open neighborhoods U p  and 
Are differentiable structure on a set M induces a natural topology on M it suffices to 
Figurer (2) :
Let M be a metric space we now define what is meant by the statement that M is an n-dimensional 
Figyer (3) Example 3.2.2 ( Surfaces )
Any smooth n-dimensional 
be a parameterization at p and
Are differentiable this a regular surface is intersect from one to other can be made in a differentiable manner the defect of the definition of regular surface is its dependence on 3 
R .
A differentiable manifold is locally homeomorphic to n R the fundamental theorem on existence , uniqueness and dependence on initial conditions of ordinary differential equations which is a local theorem extends naturally to differentiable manifolds . For familiar with differential equations can assume the statement below which is all that we need for example X be a differentiable on a differentiable manifold M and 
where U are coordinate neighborhoods or charts , and  are coordinate homeomorphisms transitions are between different choices of coordinates are called transitions maps (9)   1 , :
Which are anise homeomorphisms by definition , we usually write 
are homeomorphisms it easily follows that which show that our notion of rank is well defined
, if a map has constant rank for all R we shall examine both methods below first to develop the basic concepts of the theory of Riemannian sub manifolds and then to use these concepts to derive a equantitive interpretation of curvature tensor , some basic definitions and terminology concerning sub manifolds, we define a tensor field called the second fundamental form which measures the way a sub manifold curves with the ambient manifold , for example X be a sub manifold of Y of
be two vector brindled and assume that E is compressible , let
and
be two tubular neighbourhoods of X in Y then there exists . The torus 2 T is the two dimensional surface 
Ru ns over the whole torus . So we may build coordinate patches for 2 T using  and  with ranges 
IV. INEGRATION SMOOTH MANIFOLD
We now onto integration .I shall explicitly define integrals over 0-dimensional .1-dimensional and 2-dimensional regions of a two dimensional manifold and prove a generalization of Stokes theorem . I am restricting to low dimensions purely for pedagogical reason . The same ideas also work for high dimensions . Before getting into the details, here is a little motivational discussion. A curve , i.e a region that can be parameterized by function of real variable, is integral any finite union of , possibly disconnected, curves . We shall call this a 1-chain. We Start off integration of m-forms by considering m-forms 
Definition (n-dimensional Integrals)
The integrals of n-forms w on M ,we first assume that w is a n-form supported in an orientation 
